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Researchers at theUniversity ofMichigan have recently developed a newclass of concrete, namedHigh Strength-
High Ductility Concrete (HSHDC), which possesses exceptional combination of compressive strength
(N150 MPa) and tensile ductility (N3%) under quasi-static loads. The structural applications of HSHDC for
withstanding extreme events, such as hurricanes, earthquakes, impacts, and blasts, require an understanding
of its dynamic behavior at high strain rates. This research experimentally investigates the effects of strain rate
(from 10−4/s to 10/s) on the composite tensile properties and themicro-scalefiber/matrix interaction properties
of HSHDC. A micromechanics-based scale-linking model is used to analytically explain the composite-scale rate
effects based on themicro-scale rate effects. Due to the unique interactions between the Polyethylene fibers and
densely packed ultra-high strength matrix of HSHDC, novel rate effects are revealed, which are expected to be
foundational for the future development of this class of materials for improving infrastructure resilience.

© 2014 Elsevier Ltd. All rights reserved.
1. Introduction

A new fiber-reinforced cementitious composite (FRCC), named High
Strength-High Ductility Concrete (HSHDC) [1,2], has been recently de-
veloped at the University ofMichigan in collaborationwith the Engineer
Research and Development Center (ERDC) of the US Army Corps of
Engineers. Under quasi-static loads, HSHDC exhibits a unique combina-
tion of ultra-high compressive strength (greater than 150 MPa) and
ultra-high tensile ductility (greater than 3% under direct tension).
Such properties point toward the potential of utilizing HSHDC in struc-
tures subjected to high-energy dynamic loadings, such as impacts,
blasts, hurricanes, and earthquakes; however, the behavior of HSHDC
at high strain rates is so far unknown, which is the motivation behind
this study.

The effects of load/strain rate on themechanical properties, particu-
larly strength andmodulus, of normal and high-strength concretes have
beenwidely reported in the literature [3–14]. The rate of increase in the
dynamic strength of concrete with strain rate under tension is almost
2–3 times that of under compression. These observed rate effects are
typically formulated as bilinear functions similar to that given in the
CEB-FIP code [15]. Although a similar bilinear trend of increase in the
dynamic strength with the logarithm of strain rate is observed for
high strength concretes, the rates of increase are smaller in high
strength concretes than that of normal concrete [16,17].

Significant research exists on investigating the plausible causes of
the rate effects in concrete at various length scales. The macroscopic
explanation of the rate sensitivity of concrete properties is based on
comparing the crack propagation velocity with the Rayleigh wave
velocity, and its implications on the apparent fracture toughness
[18–20]. The meso-scale (size of aggregate) explanation is based on
the observations of cracks cutting through the aggregates, instead of
meandering around them along the weak aggregate-hardened cement
paste interface [21–23], at high strain rates. This occurs due to both
high stresses in the material at high strain rates and the inertia of the
material elements besides the surface of the rapidly growing crack
[21]. Greater toughness of the aggregates than the interface leads to
higher material toughness and, therefore, larger dynamic strength. At
nano-/micro-scales, the crack growth is considered as breakage of
bonds between two particles governed by thermodynamics. At high
strain rates, the material shows higher resistance to crack propagation
as it fails to respond thermodynamically as fast as the strain change
(thermal inertia) [24]. Each of the above theories explaining the rate
sensitivity of concrete's properties is applicable over a limited range of
strain rates, and it is plausibly the combined effect of some or all of
these theories that leads to the observed change in the mechanical
properties, particularly strength and modulus, of concrete with the
strain rate.

The presence of fibers in FRCCs adds more degrees of complexity to
the material behavior at high strain rates, particularly under tension
[25,26]. The hydrophilic polymer fibers in FRCCs form both chemical
and frictional bonds with the cementitious matrix. The chemical
bond between the fibers and the cementitious matrix is highly
rate-sensitive and significantly increases at high strain-rates, which in-
fluences the tensile ductility and other composite mechanical
properties [27–29]. Compared to the chemical bond, the frictional
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bond between the fibers and the cementitious matrix is less sensitive
to strain rate [30–32]. Steel fibers and hydrophobic polymer fibers
only form a frictional bond with the FRCC's cementitious matrix
and, therefore, the rate effects on the fiber-bridging are less severe
in such composites. However, the increase in fiber/matrix frictional
bond can be significant for very high volume fraction of fibers
(N10%) [33]. In addition to the interfacial bond, the rate effects on
the fiber properties also influence the rate effects on the composite
properties. For instance, while the polymer fibers are highly rate-
sensitive due to their viscoelastic behavior, steel fibers are largely
insensitive to strain rate [34,35]. Thus, the composite-scale rate
effects on the tensile properties of FRCCs are greatly influenced
by the micro-scale rate effects on the fiber/matrix bond and fiber
properties, in addition to the rate effects on the matrix fracture
toughness [27].

HSHDC, investigated in this study, is a strain-hardening FRCC con-
taining an ultra-high strength cementitious matrix and hydrophobic
ultra-high molecular weight polyethylene (UHMWPE) fibers; hence-
forth, referred as PE fibers. The objectives of the research presented in
this paper are: (1) to investigate the influence of strain rates (from
10−4/s to 10/s) on the composite-scale direct tension behavior of
HSHDC. (The influence of strain rate on the compressive behavior of
HSHDC is beyond the scope of this paper, and it will be investigated in
a future study.), (2) to determine the influence of strain rate on the
micro-scale fiber/matrix interaction properties and matrix fracture
toughness of HSHDC, and (3) to investigate whether the micro-scale
rate effects explain the composite-scale rate effects through analytical
investigation of the fiber-bridging behavior.

In the following sections, first, the details of the experimental
investigations, for determining the rate effects on the composite
and micro-scale properties of HSHDC, are presented. While the
direct tension tests on dogbone-shaped specimens are used to
determine the composite tensile behavior of HSHDC at various
strain rates, single fiber pullout tests, in combination with the
micromechanics-based analytical models, are used to determine
the micro-scale fiber/matrix interaction properties and fiber proper-
ties at the corresponding displacement rates. Statistical scale-linking
model, taking into account the randomness in fiber distribution and
fiber embedment lengths, are then used to predict the composite-
scale rate effects based on the observed micro-scale rate effects.
The predicted rate effects are finally compared with the experimen-
tally observed rate effects at the composite scale, thus providing
crucial insights into the material behavior at both these length-
scales under dynamic loads.
Table 1
Mix proportions of HSHDC.

Constituent Particle size
(μm)

Weight relative
to cement

Weight per unit
volume, kg/m3

Class H cement 30–80 1 907
Silica fume 0.1–1 0.389 353
Silica flour 5–100 0.277 251
Silica sand 100–600 0.700 635
Tap water – 0.208

w/cm = 0.15
189

HRWRA – 0.018 16
PE fiber – 0.0214 19
2. Research significance

Besides adding significantly to the limited knowledge of the
tensile rate effects in strain-hardening FRCCs, this research specifi-
cally provides insights into the influence of strain rate on the bond
between polyethylene fibers and a cementitious matrix. Although
other polymer fibers and steel fibers have been investigated in a lim-
ited number of studies, the rate effects on a PE fiber-reinforced FRCC,
particularly with such ultra-high strength matrix, have never been
examined before this study. The micro-scale rate effects on the
bond between the PE fiber and the cementitious matrix, along with
the rate effects on the fiber andmatrix properties, uniquely influence
the composite tensile properties of HSHDC at high strain rates, and
this scale linkage is clearly illuminated in this study through analyt-
ical modeling. While the experimental data on the composite behav-
ior of HSHDC at high strain rates generated in this study is useful for
exploring its structural applications, the micro-scale properties of
HSHDC at high rates provide crucial guidance for continued
micromechanics-based tailoring of this material for achieving the
desired structural performance.
3. Experimental investigation

3.1. Materials and specimens

Similar to other high performance concretes, HSHDC consists of
cementitious materials (cement and silica fume), fine aggregates,
water, and a High-Range Water-Reducing Admixture (HRWRA), along
with the PE fibers. The mix proportions along with the particle size
and weights of constituents per unit volume of the composite are
given in Table 1. Further details about the constituent materials are
given by Ranade et al. [1].

Three types of specimenswere cast in this study: (1) planar dogbone
specimens made of HSHDC composite, (2) single fiber pullout speci-
mens with PE fibers embedded in HSHDC matrix, and (3) beam speci-
mens (notched after curing) of HSHDC matrix (without fibers) for
fracture toughness measurement. The geometry and preparation of
the dogbone specimens of HSHDC are described by Ranade et al. [1],
and that of the single fiber pullout specimens and the beam specimens
for matrix fracture toughness measurements are described by Ranade
et al. [2]. In this study, six dogbone specimens, twenty-five single fiber
pullout specimens, and four notched beams were tested for each strain
rate to reliably determine the average properties and their variations at
composite- and micro-scales. All specimens were cured following the
HSHDC curing procedure described by Ranade et al. [1].

Out of the twenty-five single fiber pullout specimens cast in this study
for each strain rate, ten specimens were cast with fibers aligned with the
loading direction tomeasure the interfacial bond properties, whereas five
specimens were cast with fibers inclined at 27° [tan−1(1/2)] and another
fivewithfibers inclined at 45° (tan−11) to quantify the effects of snubbing
and inclination hardening on the inclined fibers. The remaining five
specimens were cast with embedment lengths exceeding 15 mm to
determine the PE fiber's in-situ strength and modulus. Further details
regarding the choice of angles and number of specimens are given by
Ranade et al. [2].

3.2. Experimental procedures

The direct tension tests on the dogbone specimens were performed
at six different tensile strain rates: 10−4 s−1, 10−3 s−1, 10−2 s−1,
10−1 s−1, 1 s−1, and 10 s−1 by applying controlled tensile displacement
rates (gauge length of 90 mm) of 9 μm/s, 90 μm/s, 0.9 mm/s, 9 mm/s,
90 mm/s, and 0.9 m/s, respectively. These tests were performed on an
electro-mechanical tensile test systemwith themaximum load capacity
of 10 kN. The test setup for the direct tension tests is shown in Fig. 1a. A
lost motion grip assembly was used for all the tests conducted at dis-
placement rates greater than 1 mm/s. The ‘gap’ shown in this assembly
(Fig. 1b) is set such that the actuator of the tensile test system achieves
the desired displacement rate before engaging the specimen. While the
built-in dynamic load cell (with range of 25 kN) of the test system was
used to determine the tensile stress from themeasured tensile force, the
corresponding tensile strain in a dogbone specimen was determined
from the average of the displacements measured by the two LVDTs
mounted on either side of the specimen. The data (both tensile force



Fig. 1. Direct tension test setup (a) entire setup and (b) zoomed view of the lost-motion assembly.
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and displacement) was recorded at the rate of 104 times the applied
strain rate for a given test.

The single fiber pullout tests were conducted at the six tensile dis-
placement rates (9 μm/s to 0.9 m/s) using the 10 kN test system, same
as that used for the direct tension tests. The procedure for the single
fiber pullout tests is described in detail by Ranade et al. [2]. Similar to
the direct tension tests, the lost motion assembly was used for the two
fastest displacement rates.

The fracture toughness tests were conducted at only four (instead of
six) compressive displacement rates of 20 μm/s, 0.2 mm/s, 2 mm/s, and
10 mm/s. The notched beams used for the fracture toughness tests are
too bulky for the 10 kN system mentioned above and, therefore, a
100 kN hydraulic test system was used to perform the fracture tough-
ness tests. However, the maximum achievable displacement rate with
the 100 kN test system is 10mm/s. The first three compressive displace-
ment rates (dΔ/dt = 20 μm/s, 0.2 mm/s, and 2 mm/s) provide an effec-
tive tensile strain rate (dε/dt defined as (6d/L2). dΔ/dt from the elastic
flexure theory, with L= 254mm; d= 46.2 mm [36]) of approximately
10−4 s−1, 10−3 s−1, and 10−2 s−1 (same as the first three strain rates
for direct tension tests) at the notch tip, and the compressive displace-
ment rate of 10 mm/s is equivalent to the tensile strain rate about
0.05/s.

4. Experimental results and discussion

4.1. Composite behavior

One representative direct tension stress–strain curve for each of the
six strain rates investigated in this study is shown in Fig. 2(a). A zoomed
view of this figure showing the elastic region, as well as the inelastic
stress–strain curve up to 0.2% strain is shown in Fig. 2(b). Although
this figure shows an increase in the elastic moduli of dogbones with
strain rate, it underestimates the modulus at each strain rate (due to
slight slippage at LVDTattachment points), andmore accuratemeasure-
mentswith strain gauges are needed to accurately determine the elastic
modulus at each strain rate.

image of Fig.�1


The fluctuations in stress in Fig. 2(a) and (b) are caused by both the
formation of matrix micro-cracks and, at high strain rates, by “stress
oscillations” as well. As a matrix micro-crack is formed, the sudden de-
crease of stiffness at that cross-section (due to loss of matrix bridging)
causes almost instantaneous reduction of stress [as shown in Fig. 2(b)],
which is also observed in the quasi-static stress–strain curve (0.0001/s).
In addition, for high strain rates (≥0.01/s), “stress oscillations” are ob-
served (with shallower slopes than the stress drops due to matrix crack-
ing) in Fig. 2(b) caused by significant transient responses of both the
material and the test setup. Local oscillations at a crack are expected as
the fibers are engaged, post-cracking, with a sudden jolt. However,
more significant effect can be due to low inertial mass of the actuator of
the dynamic test system, which causes a ringing effect as the feedback
loop of the test system dynamically readjusts, and overcompensates, in
response to the changing stiffness of the material. Thus, the oscillations
must be cleaned by taking local average of the data points (for strain
rates ≥ 0.01/s), which is achieved in the curves plotted in Fig. 2(c).

The crack patterns in two dogbone specimens, one tested at the
slowest strain rate and the other tested at the fastest strain rate, are
shown in Fig. 3, and discussed later in the paper. The multiple cracking
of the HSHDC specimen and the shape of the stress–strain curves in
Fig. 2 are similar to the quasi-static tensile response described by
Ranade et al. [1]. A summary of the relevant tensile properties of all 36
dogbone specimens (6 dogbones for each strain rate) is given in Table 2.

In Table 2, the first crack strength (σfc) refers to the stress at which
the first micro-crack occurs in the multiple-cracking HSHDC specimen,
observed as the first drop in tensile stress in the curves of
Fig. 2(b) right after the elastic stage. The ultimate tensile strength (σult)
refers to the maximum uniaxial tensile stress observed in the averaged
curves of Fig. 2(c), and the tensile strain capacity is the strain corre-
sponding to the ultimate tensile strength. PSHstrength in Table 2 is the
strength index for pseudo-strain hardening, mathematically equal to
the ratio σult / σfc [37]. It is a measure of the stress margin available be-
tween σfc and σult for forming micro-cracks. Greater PSHstrength facili-
tates more number of micro-cracks. These results of the direct tension
tests in terms of average behaviors and variations are discussed below.

The average first crack strength (σfc) and the average ultimate ten-
sile strength (σult) of HSHDC dogbone specimens observed at various
strain rates are plotted in Fig. 4. It is observed that both σfc and σult

steadily increase with strain rate. From the lowest to the highest strain
rate, while σfc increases by about 53% (8.1 MPa at 0.0001/s to 12.4 MPa
to 10/s), σult increases by about 42% (14.5 MPa at 0.0001/s to 20.6 MPa
to 10/s). The plausible reasoning behind these increases based on the
changes in the micro-scale fiber/matrix interaction properties, fiber
properties, and matrix fracture toughness is discussed in the next
section. As a result of the comparable increases in both σfc and σult,
the average strength index for pseudo-strain hardening (PSHstrength)
remains almost constant around 1.8 (±0.2) at all strain rates (Table 2).

In spite of a relatively constant average PSHstrength for various strain
rates (which maintains approximately the same number of cracks), the
tensile strain capacity decreases with increasing strain rate up to 0.1/s
and plateaus thereafter, as observed in Fig. 5. As discussed in the next
section, the energy index for pseudo-strain hardening (PSHenergy) [37]
is well above 1 at all strain rates and, therefore, does not limit steady-
state cracking. Given these facts, the observed decrease in the tensile
strain capacity of about 31% (εtu is 4.2% at 0.0001/s and 2.9% at 0.1/s)
can be attributed to the corresponding reduction of about 25% in the av-
erage residual crack width from 160 μm at 0.0001/s to 120 μm at 0.1/s.
Similar to the trend in the tensile strain capacity, the average residual
crack width also plateaus after the strain rate of 0.1/s (Fig. 5). The
micro-scale rate effects that result in reducing crack widths and, there-
fore, tensile strain capacities at higher strain rates are discussed in the
following section.

For individual dogbone specimens, a positive correlation between
PSHstrength and tensile strain capacity is observed, regardless of the
strain rate. The PSHstrength indices of all 36 dogbone specimens are plot-
ted together in Fig. 6. This observation supports the hypothesis that the
fundamental principles of micromechanics for achieving or enhancing
tensile ductility in HSHDC (and similar materials) are valid regardless
of the strain rates.

image of Fig.�2


Fig. 3. Influence of strain rates on the crack pattern of dogbone specimens.
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All the mechanical properties of the dogbone specimens exhibit an
increase in variation, as shown by the standard deviation bars in
Figs. 4 and 5, with strain rate. This behavior at the composite scale is
caused by a similar increase in variation of micro-scale fiber/matrix in-
teraction properties and matrix fracture toughness with strain rate, as
discussed in the next section. In spite of the variation in properties,
the minimum tensile ductility among all the 36 HSHDC dogbone speci-
mens is 1.7% at 10/s exhibited by specimen #31.

4.2. Micro-scale response

Representative pullout curves of the single PE fibers embedded in
the HSHDC matrix are shown in Fig. 7. This figure not only captures
the influence of displacement rate, but also of embedment length and
angle of inclination with respect to the loading direction. The descrip-
tion of various phases of these pullout curves is given by Ranade et al.
[2]. Also detailed by Ranade et al. [2] are a debond-pullout model
(based on the original work by Li and co-workers [38,39]) andmethods
to extract the underlying fiber/matrix interaction properties of HSHDC,
based on these pullout curves. In the following, the rate effects on
average fiber/matrix interaction properties as well as fiber properties,
deduced from the pullout curves of all 150 specimens (25 for each of
the six displacement rates) using the same methods as that used for
quasi-static tests by Ranade et al. [2], are reported.

The observed variations of the fiber/matrix interfacial frictional bond
(τ0) and the slip hardening parameter (β) with displacement rate are
shown in Fig. 8. τ0 increases only slightly (by about 14%) over the six or-
ders of displacement rates investigated in this study. This is also apparent
in Fig. 7, which shows only a small increase in the peak load of the pullout
curve at the fastest displacement rate of 900 mm/s compared to the
quasi-static displacement rate of 0.009mm/s. This observation is consis-
tent with the previous findings of Yang and Li [27] andMaalej et al. [30],
who similarly reported relatively weak dependence of τ0 on the displace-
ment rate. Asmentioned in the introduction, the primary cause of rate de-
pendency in FRCCs containing hydrophilic polymer fibers is the fiber/
matrix chemical bond. In contrast, the absence of chemical bond between
thehydrophobic PEfibers andHSHDCmatrixmakes the overall interfacial
bond less sensitive to rate effects. Slip-hardening which is caused by the
matrix-induced fibrillation of the fiber as it pulls out of the matrix tunnel
increases the fiber/matrix frictional bond [40]. Although the slip-
hardening parameter (β) doubles from 0.003 at 0.009 mm/s to 0.006 at
900 mm/s, it causes an insignificant increase in pullout force, particularly
at low slip magnitude (b500 μm). For comparison, β for Engineered
Cementitious Composites (ECC – a strain-hardening FRCC) is about 0.6
[41]. These increases in τ0 and β with displacement rate have relatively
minor influence on the bridging behavior of the PE fibers in HSHDC.

The fiber/matrix interaction properties: snubbing coefficient (f) and
inclination hardening parameter (μ) (defined by Ranade et al. [2]), both,
exhibit rate dependence as observed in Fig. 9. The snubbing effect mag-
nifies the pullout load of an inclined fiber compared to a fiber aligned
with the loading direction. This is evident from the pullout curves
shown in Fig. 7. In spite of a slightly smaller embedment length, the
specimen with the fiber inclined at 45° (green curve) generates signifi-
cantly greater peak debond load compared to the specimen with
aligned fiber (black curve). The influence of the inclination hardening
(unique to HSHDC), which only applies in the pullout stage (unlike
the snubbing effect), is also observable in Fig. 7 in the post-debond
stage of the pullout curves. Further details of both these effects of
inclined fibers in HSHDC are presented by Ranade et al. [2].

From Fig. 9, it can be observed that the snubbing coefficient increases
by about 27% from the slowest to the fastest displacement rate used in
this study. The pullout load is, however, multiplied by efϕ (modeled as a
frictional pulley [42]), which makes the effect of increase in f on the pull-
out load less than 27%. For instance, for a fiber inclined at angle ϕ= 45°
with respect to the loading direction, the ratio of the pullout load at
high rate to that at quasi-static rate is eϕ f hr− f qsð Þ ¼ e

π=4 0:75−0:59ð Þ = 1.13,
where fhr and fqs are the snubbing coefficients at displacement rates of
(high-rate) 900 mm/s and (quasi-static) 0.009 mm/s, respectively.

This 13% increase in pullout load due to increase in f is supplemented
by the change in inclination hardening parameter (μ), which increases

image of Fig.�3


Table 2
Summary of properties of HSHDC dogbone specimens under direct tension.

Strain
rate s−1

Specimen
no. #

First crack
strength
σfc (MPa)

Ultimate
tensile
strength
σult (MPa)

PSHstrength

σult/σfc

Tensile
strain
capacity
εtu (%)

Average
residual
crack width
δavg (μm)

0.0001 1 8.6 13.6 1.58 4.3 160
2 9.1 15.0 1.64 3.7
3 6.6 15.6 2.36 4.8
4 8.7 13.3 1.53 4.0
5 7.5 15.8 2.09 4.7
6 8.2 13.5 1.64 3.9
Avg. 8.1 14.5 1.8 4.2
St. dev. 0.9 1.1 0.3 0.4
COV 11% 8% 19% 10%

0.001 7 7.2 14.3 1.99 3.3 150
8 6.5 15.9 2.47 4.8
9 9.2 14.2 1.54 3.3
10 7.7 16.8 2.18 4.2
11 8.6 14.9 1.73 3.6
12 6.6 15.9 2.39 4.1
Avg. 7.6 15.3 2.05 3.9
St. dev. 1.1 1.0 0.37 0.6
COV 14% 7% 18% 16%

0.01 13 11.0 17.1 1.55 2.4 140
14 7.6 17.6 2.32 3.1
15 7.2 15.4 2.14 2.8
16 9.2 15.2 1.65 3.7
17 8.7 17.4 2.01 3.5
18 9.8 15.1 1.55 4.5
Avg. 8.9 16.3 1.87 3.3
St. dev. 1.4 1.2 0.33 0.8
COV 16% 7% 18% 23%

0.1 19 9.7 19.0 1.96 3.1 120
20 8.2 18.7 2.27 3.7
21 10.1 16.9 1.67 3.2
22 10.9 18.6 1.70 2.2
23 12.7 15.4 1.22 1.9
24 6.8 16.1 2.38 3.1
Avg. 9.7 17.5 1.87 2.9
St. dev. 2.1 1.5 0.43 0.7
COV 21% 9% 23% 23%

1 25 7.4 16.5 2.23 3.9 110
26 11.6 20.9 1.80 3.7
27 8.5 21.6 2.54 3.4
28 14.4 20.5 1.42 1.9
29 11.8 16.0 1.35 2.3
30 12.6 20.2 1.60 2.4
Avg. 11.1 19.3 1.82 2.9
St. dev. 2.6 2.4 0.47 0.8
COV 24% 12% 26% 28%

10 31 16.0 20.2 1.26 1.7 110
32 10.6 22.5 2.12 3.6
33 11.7 21.5 1.85 2.6
34 8.4 16.2 1.93 3.3
35 14.6 22.8 1.56 2.2
36 13.1 20.5 1.56 2.9
Avg. 12.4 20.6 1.71 2.7
St. dev. 2.8 2.4 0.31 0.7
COV 22% 12% 18% 26%

Fig. 4. Rate effects on the strengths of the HSHDC dogbone specimens. Error bars repre-
sent one standard deviation.

Fig. 5. Rate effects on the tensile strain capacity and average crack width of the HSHDC
dogbone specimens. Error bars represent one standard deviation.
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from 386 N/(m-rad) at 0.009 mm/s to 553 N/(m-rad) at 900 mm/s
(Fig. 9). This increase in μ causes about 43% increase in the inclination
hardening contribution (the term μϕ(u–u0) in Eq. (5) of [2]), which is
at most 10% of the total pullout load. Therefore, this increase in μ due
to displacement rate can cause a maximum increase of about 4.3%
(43% times 10%) in the fiber-bridging stress. As both the snubbing and
the inclination hardeningmechanisms are based on the normal reaction
from the matrix [2], these increases in f and μmay be caused by the in-
crease in the matrix fracture toughness (detailed below), and strength
and modulus of the matrix (similar to effects on other high strength
concretes mentioned in the introduction) at high strain rates. Thus,
the rate dependencies of f and μ are moderately significant for the rate
dependence of fiber-bridging in HSHDC.
Rate effects in the PE fiber's in-situ strength andmodulus directly in-
fluence the fiber-bridging in HSHDC, and are investigated in this study
using PE fibers with long embedment lengths (greater than 15 mm)
along with the fiber/matrix interaction properties deduced above.
Such long embedment length ensures that the fibers reach their break-
ing strength before completely debonding from the matrix, and it also
allows the use of debond-stage equations to compute the in-situ fiber
modulus [2]. Polymers, in general, are known to have a viscoelastic
behavior, which causes increase in fiber strength and modulus (and
brittleness) with increase in strain rate [43,44]. The variations in fiber
strength and modulus with displacement rate are plotted in Fig. 10.
While the PE fiber strength increases by about 21% of its quasi-static
value, the fiber modulus increases by approximately 85% of its quasi-
static value. The influence of these increases in fiber strength and mod-
ulus on the fiber-bridging curve of HSHDC is discussed in the next
section.

Both the necessary conditions of multiple cracking (Eqs. (8) and (9)
in [2]) depend as much on thematrix fracture toughness (Km) as on the
fiber-bridging behavior of HSHDC, and therefore, the variation of Km

with the displacement rate is investigated in this study along with the
rate effects on the fiber/matrix interaction properties detailed above.
The average fracture toughness of HSHDC matrix, as determined from

image of Fig.�4
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Fig. 6. Correlation between tensile strain capacity and PSHstrength.

Fig. 8. Rate effects on fiber/matrix interfacial bond properties (τ0 and β) of HSHDC.
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the bend tests on the notched beams, increases from 1.10 MPa√m at
0.02 mm/s to 1.31 MPa√m at 10 mm/s (Fig. 11) (for comparison, the
fracture toughness of Ultra-high Performance Concrete (UHPC) matrix
(which has similar compressive strength as HSHDC) at quasi-static
strain rates is 1.31 MPa√m [45], and that of the ECC (which has the
same tensile ductility as HSHDC) matrix at quasi-static strain rates is
about 0.5 MPa√m [28]). Unlike the fiber/matrix interaction properties
which were measured at six different displacement rates, the matrix
fracture toughness was measured only at four different displacement
rates up to 10 mm/s due to the limits of the experimental setup as
discussed above. This increase in fracture toughness causes a propor-
tional increase in the matrix cracking strength and quadratic increase
in the crack tip fracture toughness, which are both detrimental for the
pseudo-strain hardening (PSH) indices and tensile ductility [2];
however, as discussed in the next section, the increase in the fiber-
bridging capacity and sufficient complementary energy at all strain
rates ensures adequate tensile ductility ofHSHDC in spite of the increase
in matrix fracture toughness at high strain rates.

All themicro-scale properties discussed above exhibit an increase in
variationwith strain/displacement rates.While the variations in form of
standard deviation bars are shown for fiber properties and matrix
fracture toughness in Figs. 10 and 11, the variations in the fiber/matrix
interaction properties are depicted as coefficient of determination
(R2) values in Fig. 12 (due to the method used to determine these
Fig. 7. Experimentally determined representative pullout curves of PE fibers embedded in
HSHDC matrix. Legend: Inclination angle with respect to the loading direction; fiber em-
bedment length; displacement rate.
properties [2]). Lower R2 values imply higher variation in properties,
which is the case for all the fiber/matrix interaction properties
examined in this study. This increase in the variation of fiber/matrix
bond properties at higher displacement ratesmay be caused by the cor-
responding increase in variation of fiber andmatrix properties at higher
displacement rates observed in Figs. 10 and 11.

5. Analytical investigation and comparison with experimental results

In this section, the influence of the micro-scale rate effects on the
composite behavior of HSHDC is analytically investigated, and it is
determined whether the micro-scale rate effects can quantitatively ex-
plain the observed composite-scale rate effects through statistical
scale-linking. For this purpose, the measured average values of fiber/
matrix interaction properties and fiber properties (reported in the last
section) at various strain rates are used to compute an analytical expres-
sion, P(u), for single fiber pullout using the debond-pullout model for
HSHDC given by Ranade et al. [2]. This analytical expression describes
the pullout force, P, as a function of the relative displacement, u, for a
given embedment length (z) and orientation angle (ϕ) with respect to
the loading direction, which models the observed P-u relations plotted
in Fig. 7. However, a micro-crack in HSHDC is bridged by numerous
Fig. 9. Rate effects on fiber/matrix interaction properties (f and μ) of HSHDC.
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Fig. 10. Rate effects on PE fiber properties. Error bars represent one standard deviation.
Fig. 12. Rate effects on variation in fiber/matrix interaction properties determination.
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fibers with random embedment lengths and orientations, as schemati-
cally shown in Fig. 13. The total fiber-bridging stress (σ) across a crack
for a given opening (δ) (also called fiber-bridging or σ–δ relation) is ob-
tained by integrating the force contributions from all the fibers bridging
across the crack using a statistical scale-linking model described by
Eq. (1) [39].

σ δð Þ ¼ V f

Af

Z π=2

0

Z L f =2ð Þ cos ϕð Þ

0
P uð Þp zð Þp ϕð Þdzdϕ ð1Þ

In Eq. (1), the number of fibers of every possible embedment length
and orientation angle with respect to the loading direction is counted
using the probability density functions, p(z) and p(ϕ) respectively,
determined through the observations of HSHDC specimen cross-
sections [2]. Furthermore, Vf is the fiber volume fraction (equal to 2%)
in HSHDC and Af is the cross-sectional area of the PE fiber. Thus, all the
above micro-scale parameters are used as inputs in Eq. (1) to compute
the fiber-bridging relations of HSHDC at various strain rates, which
are directly related to the composite tensile response of HSHDC, as
discussed below.
Fig. 11. Rate effects on matrix fracture toughness. Error bars represent one standard
deviation. 1 MPa√m is equivalent to a peak load of 1592 N on a notched beam specimen
of size: span = 10″; depth = 3″; width = 1.5″, and notch length of 1.2″.
The results of the scale-linking analysis in the form of computed
fiber-bridging (σ-δ) curves of HSHDC at various displacement rates
(corresponding to the strain rates for the dogbone testing) are plotted
in Fig. 14. While the increase in the fiber modulus at high displacement
rates increases the rising slope (fiber-bridging stiffness, dσ+/dδ) of the
σ–δ curve, the increase in fiber's strength causes an increase in the
peak of the σ–δ curve (fiber-bridging capacity, σ0). Furthermore, the in-
creases in the fiber/matrix interaction properties (τ0, β, f, and μ) in-
crease both, the fiber-bridging stiffness as well as the fiber-bridging
capacity, at high displacement rates. As a result, it is observed in
Fig. 14 that, with increasing displacement rate, both the rising slope
and the peak of the computed σ–δ curve increase.

The computed fiber-bridging curves can be used to approximately
estimate the ultimate tensile strength and average crack width of the
HSHDC dogbone specimens at various strain rates. As explained by
Ranade et al. [2], different cross-sections of the HSHDC dogbone speci-
mens contain different numbers offibers due to inhomogeneous disper-
sion of fibers during the mixing process. Thus, while the average σ–δ
curves shown in Fig. 14 are computed for average fiber volume fraction
(Vf) of 2%, the volume fraction at a real HSHDC specimen cross-section
will almost never be equal to 2%. As the fiber-bridging capacity (σ0)
across a cracked cross-section is directly proportional to Vf [Eq. (1)] at
that section, the cracked cross-section of the dogbone specimen con-
taining the least number of fibers [min(Vf)], among all the other cracked
Fig. 13. Schematic representation of fibers with random orientations and embedment
lengths bridging across a micro-crack in HSHDC.
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Fig. 14. Computed fiber-bridging (σ-δ) relations for HSHDC at various displacement rates.

Fig. 15. Comparison of experimentally observed (Exp.) and analytically predicted (Ana.)
rate effects on the tensile properties of HSHDC.
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cross-sections of that specimen, is also likely to have the minimum
fiber-bridging capacity, min(σ0). Furthermore, as equal tensile stress
must be transferred across all the cross-sections of the dogbone due to
equilibrium, the ultimate tensile strength of the dogbone specimen is
theoretically equal to min(σ0). Additionally, the crack opening
(δ) corresponding to the min(σ0) on the average σ–δ curve (plotted in
Fig. 14) is the expected value of the average crack width (δavg) of
the dogbone specimen [2]. This method, proposed in Yang et al. [46],
for estimating the ultimate tensile strength and average crack width
from the average σ–δ curve is further explained below with a sample
calculation.

As an example, consider the computed σ–δ curve corresponding to
the displacement rate of 0.9 mm/s. As marked in Fig. 14, the peak of
this curve or the fiber-bridging capacity (σ0) is equal to 15.2 MPa. The
min(Vf) was determined equal to 0.80 times 2% from a statistical analy-
sis (average minus two standard deviations) of the fiber distributions
observed using fluorescence microscopy at multiple cross-sections of
HSHDC specimens [2]. Therefore, the min(σ0) is equal to 0.8 times
15.2 MPa equal to 12.2 MPa, and the corresponding crack opening is
112 μm as shown in Fig. 14.

Due to the statistical method used to determine min(Vf), the com-
puted min(σ0) of 12.2 MPa is the lower bound for the average ultimate
tensile strength capacity of the dogbone specimens at the displacement
rate of 0.9 mm/s. As a result, both the ultimate tensile strength
[min(σ0)] and the corresponding crack width (112 μm) predicted by
this method at the displacement rate of 0.9 mm/s are less than the ex-
perimentally determined values (Table 2) from the direct tension tests
on the dogbone specimens at the corresponding strain rate of 0.01/s.
Nevertheless, taking the ratio of the ultimate tensile strengths (or
crack widths) at any two strain rates minimizes the influence of Vf as
σ0 is linearly proportional to Vf. Therefore, in the following discussion
comparing the predicted rate effects versus the observed rate effects
at the composite scale, the ratios of properties, instead of the absolute
values of those properties, at a given strain rate relative to theproperties
at the quasi-static strain rate are used.

By a similar analysis of all the σ–δ curves in Fig. 14, the ultimate ten-
sile strength and average crack widths are estimated for equivalent
strain rates and are plotted in Fig. 15 along with the experimental
results of the direct tension tests performed on the HSHDC dogbone
specimens. In this figure, as mentioned above, instead of the absolute
values of the ultimate tensile strengths and crack widths, percentages
relative to the ‘respective’ quasi-static values are plotted to capture
the rate effect. ‘Respective’ quasi-static values at strain rate of 0.0001/s
are: (1) Ultimate tensile strength (Experimental) = 14.5 MPa (Fig. 4),
(2) Ultimate tensile strength (Analytical) = 11.3 MPa (Fig. 14),
(3) Average (residual) crack width (Experimental) = 160 μm (Figs. 5),
and (4) Average crack width (Analytical) = 140 μm (Fig. 14). The
comparison of the analytically estimated and experimentally observed
changes in crack widths and ultimate tensile strength is discussed below.

As observed in Fig. 15, the experimentally determined crack width
reductionwith increasing strain rates is well estimated (with difference
of less than 5%) by the scale-linking analysis, particularly for the strain
rates up to 1/s. The significant increase in the fiber modulus, assisted
by the slight increase in fiber/matrix interfacial frictional bond, causes
an increase in the fiber-bridging stiffness which explains the observed
crack width reduction. It should be noted that although the fiber modu-
lus increases by about 57% as the strain rate is increased from 0.0001/s
to 1/s, the estimated reduction in crack width is only 33%. This is
because, for the same change in the strain rate, the fiber strength only
increases by about 15%,which increases thefiber breakage at high strain
rates and reduces the slope of the σ–δ curve, particularly near its peak.
At the strain rate of 10/s, the difference between the experimental and
analytical values increases;while the analytical model estimates the av-
erage crack width to be 56% of its quasi-static value, the experimental
observation shows that the crack width reduces to 69% of its quasi-
static value.

In Fig. 15, the ultimate tensile strength change is also well predicted
by the analytical model, particularly for strain rates up to 0.1/s. The
increase in the strength of the fiber, assisted by the slight increase in
fiber/matrix interfacial frictional bond, increases the fiber-bridging ca-
pacity which explains the observed increase in the ultimate tensile
strength of HSHDC dogbone specimens. Compared to the errors at low
strain rates (less than 7%), the errors between the analytical and exper-
imental values are greater at the highest two strain rates of 1/s and 10/s.
Overall, a good match is observed in Fig. 15 between analytically esti-
mated and experimentally observed rate effects on the ultimate tensile
strength and average crackwidth, albeit with greater discrepancy at the
two highest strain rates.

As the composite-scale properties are closely related to the micro-
scale properties, the lack of agreement between the experimental and
analytical values at the highest two strain ratesmay be due to the signif-
icant increase in the variation of fiber/matrix interaction properties
(Fig. 12) and fiber properties (Fig. 10) at these two strain rates. In addi-
tion, the possibility of unknown hardening mechanisms at these two
very high strain rates cannot be ruled out due to the complex behavior
of cementitious materials, particularly at high strain rates.

The increase in the average matrix fracture toughness with strain
rate is compared with that of average first crack strength of HSHDC
dogbone specimens in Fig. 16. As all the specimens belong to the same
batch of material, the maximum flaw size is expected to be approxi-
mately similar in all specimens regardless of the strain rate. It is
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Fig. 16. Comparison of observed rate effects in first crack strength of HSHDC composite
specimens and matrix fracture toughness.
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observed in Fig. 16 that the first crack strength closely follows the trend
in the matrix fracture toughness, which is expected from the Irwin's
fracture criterion.

In addition to estimating the ultimate tensile strength and average
crack width in HSHDC, the computed fiber-bridging (σ–δ) curves in
Fig. 14 are also used to estimate the complementary energy of fiber-
bridging (Jb′), whose comparison with the crack tip toughness (Jtip)
determines the feasibility of steady-state cracking (which facilitates
tensile ductility) inHSHDC at high strain rates. Jb′ is computed as the ex-
ternal work done during steady-state crack propagation (the product
σ0.δ0) less that absorbed by the bridging fibers near the crack tip as
the crack opens up to δ0 (area under the σ–δ curve before δ0). Here, δ0
is the crack opening corresponding to the fiber-bridging capacity (σ0)
as shown in Fig. 14. Due to steeper σ–δ curves, Jb′ reduces at the highest
displacement rate to about 600 J/m2 from 969 J/m2 at the quasi-static
rate. Jtip is estimated approximately equal to Km

2 /Ec [2], where Km is
thematrix fracture toughness given in Fig. 11 and Ec is the tensile mod-
ulus of HSHDC taken as 48.4 GPa [1]. As mentioned in Section 3.2, Km

could not be computed at the highest strain rate due to the limitations
of the experimental setup. Conservatively assuming that Km doubles
and Ec remains constant, Jtip would increase from 25 J/m2 at the quasi-
static strain rate to 100 J/m2 at the highest strain rate investigated in
this study. Thus, in spite of the increase in thematrix fracture toughness,
Jtip remains significantly smaller than Jb′ even at high strain rates, which
coupledwith constantσult/σfc ratio (due to comparable increases inma-
trix fracture toughness and fiber-bridging capacity) facilitates multiple
cracking at all strain rates investigated in this study.

6. Summary and conclusions

The tensile strain rate effects on the composite and micro-scale
properties of a newly developed FRCC, called High Strength-High
Ductility Concrete, were experimentally investigated. Analytical scale-
linking model was used to explain and understand the composite-
scale rate effects based on the micro-scale rate effects. As a result, new
insights into thematerial behaviorwere developed,whichwill be useful
for the continued development of this unique composite for enhancing
structural resilience under extreme loading. The following conclusions
can be drawn.

• Composite-scale rate effects under direct tension: As the strain rate is in-
creased from 0.0001/s to 10/s, average first crack strength (σfc) and
average ultimate tensile strength (σult) of HSHDC dogbone specimens
increase by about 53% and 42%, respectively. In spite of a relatively
constant ratio of σult/σfc with strain rate, the tensile strain capacity
decreases with increasing strain rate from about 4.2% at 0.0001/s to
2.9% at 0.1/s and plateaus after that. Such variation in tensile strain ca-
pacity is attributable to a similar trend in average crack width which
reduces from 160 μm at 0.0001/s to 120 μm at 0.1/s and plateaus for
higher strain rates.

• Micro-scale rate effects: Almost all the fiber/matrix interaction proper-
ties, fiber properties, and matrix fracture toughness exhibit changes
with displacement rate (equivalent to the strain rate in composite
testing) to varying degrees. The interfacial frictional bond (τ0) in-
creases only slightly (by 14%) over the six orders of displacement
rates investigated in this study (0.009 mm/s to 900 mm/s). Although
the slip hardening parameter (β) doubles from 0.003 at 0.009 mm/s
to 0.006 at 900 mm/s, it causes an insignificant increase in pullout
force, particularly at low slip (b500 μm). The absence of chemical
bond between the PE fiber and HSHDC matrix makes the overall
fiber/matrix bond relatively insensitive to rate effects. Snubbing coef-
ficient (f) and inclination hardening parameter (μ) increase by about
27% and 43%, respectively, which are determined to be moderately
significant for the fiber-bridging in HSHDC. The changes that are the
most consequential for fiber-bridging in HSHDC are the increases in
PE fiber strength and modulus with displacement rate. At the fastest
rate, the PE fiber strength and modulus increase by about 21% and
85% of their respective quasi-static values. However, these increases
in fiber strength andmodulus, along with the increase in fiber/matrix
interaction properties, result in the reduction of complementary
energy (Jb′) of fiber-bridging. Nevertheless, Jb′ remains significantly
greater (about 6 times) than the crack tip toughness even at the
highest strain rate investigated in this study, which coupled with
constant σult/σfc ratio (due to comparable increases inmatrix fracture
toughness and fiber-bridging capacity) facilitates multiple cracking in
HSHDC at all strain rates investigated in this study.

• Scale-linking: The scale-linking analysis shows that the micro-scale
rate effects satisfactorily explain the rate dependencies at the compos-
ite scale. The increase in matrix fracture toughness corresponds well
with the increase in first crack strengths at composite-scale. The
increases in fiber/matrix interaction properties, and fiber strength
and modulus justify the increase in ultimate tensile strength and
decrease in average crack width, and therefore tensile strain capacity,
with the strain rate.
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